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AKCHOMATHqECKOE OnPEHEJlEHHE MAKCHMYMA

nyCTb X -KOMnaKT., C (X) -npOCTpaHCTBO HenpepbIBHbI(X
~BeIll:eCTBeHHo3HaqHblX) ~ <f)yHKII:HH Ha X. Ka)KAoMy HenycToMy

3aMKHyToMy n()AMHO)KeCTBy E£X oTBeqaeT <f)yHKII:HOHaJI qJ Ha

;C(X) , onp_eAeJIeHHblH CJIeAylOlIJ.HM O6pa30M:

<p (f)= max f (x). ( 1)
~ xEE

~HeTpyAHo BHAeTb, 'lTO JIIO6oH TaKOH <f)yHKII:HOHaJI O6JIaAaeT CJIe-
J{YIOIlI:HMH cBoHcTBaMH:
, (a) qJ(a)=,a (aER, aEC(X) :a (x) ~<;£) ,

(b) ~(f+a) =qJ(n +)a,
:' (c) Ip(nf)=nlp(n (n- HaTypaJIbHOe 'lHCJIO),
.(d) qJ(max[fl, f2])=max[qJ(h),ffJ(f2)].
.JI1O6onbITHo, 'lTO3TH cBoHcTBa BnOJIHe xapaKTepH3ylOT AaH.1Ioe ceMeHcTBO <f)yHKII:HOHa:JIOB. ' .

TeopeMa.
nycTb qJ : C(X)-R. YAOBJIeTBOpHeT yCJIOBHHM (b) , (c) , (d) ;

!'TOrAa <;:y~ecTByeT 3aMKHyToe nOAMHO)KeCTBO E£X, AJIH KOTO-
:poro cnpaBeAJIHBO (1). .' .

BO-nep13b1x, nOKa2KeM, qTO <f)yHK~HOHaJI Ip YAOBJIeTBOpHeT
'TaK)Ke yCJ1OBHIO (a) .~JIH 3ioro AOCTaTO'lHO paccMoTpeTb qJ(a)
KaK <f)yHKII:HIO Ha npHMOH. H3 (b) BblTeKaeT, 'lTO qJ(a) =«+CIp,
a H'3 (c) -qTO qJ(2a) =2a+2CqI='2a+CqI~, oTKyAa CIp =0.
J13 (d) BblTeKaeT MOHOTOHHOCTb Ip, T. e. fl~f2~Ip(fl)~Ip([2),

i'a bTCIOAa H H3 ( a) CJIeAyeT

..mj.n f (x) < <p (f) < max f (x). .(2)
xEX xEX

nOCTpOHM Tpe6yeMoe nOAMHO2KeCTBO E£X.. .z:{J1H Ka)i<,AoH
oIf>yHK~HH fEC ( X) O6O3Ha'lHM E f = {XEX If ( x) ~qJ (f) } H noJIo.
1KHM E = n Ef. OqeBH~Ho, 'lTO E 3aMKHyTo; nOKa2KeM E*

.fE,C(X) .,
, ::J: !25 .

r npeAnOJIO2KHM npoTHBHoe: TOrAa ~HO2KeCTBa uf={xE
: EXlf(x) >qJ(n} AJIH Bcex fEC(X) O6pa3y:IOT OTKpbITOe no-
;KpblTHe X. n,YCT.b Uf" ..., Ufn -KoHeqHoe nOAhoKpblTHe; B

:¥CHJIy (b) MO2KHO cqHTaTp, 'lTO qJ(.fl) ~'-=qJ(f2) =r...=qJ(fn) =0.
lnO~O2KHM f*(x)=max[fl(x), ..., fn(X)]; TOrAa no (d) HMeeM
:~(f ) = 0, HO, c APYroH CTOpqHbl, f* (x) >0 AJIH JlIO6oro XEX.
i3TO npoTHBopeqHT HepaBeHcTBaM (2) .' .
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